Abstract. Making use of a convolution structure, we introduce a new class of analytic functions defined in the open unit disc and investigate its various characteristics. Apart from deriving a set of coefficient bounds, we establish several inclusion relationships involving the (n, <5)-neighborhoods of analytic functions with negative coefficients belonging to this subclass.
Introduction and preliminaries
Let A(n) denote the class of functions normalized by In terms of the Hadamard product (or convolution), we choose g as a fixed function in A(n) such that ( f*g)(z) exists for any / £ A(n), and for various choices of g we get different linear operators which have been studied in recent past. To illustrate some of these cases which arise from the convolution structure (1.3), we consider the following examples. which was studied by Cho and Kim [4] (see also [5] 
For the purpose of this paper, we introduce here a subclass of A(n) denoted by Sn(g;X,b) which involves the convolution (1.3) and consist of functions of the form (1.1) satisfying the inequality:
where zeU, 0<A<1, beC-{0}.
The definition of the function class Sn(g;\,b) is essentially motivated by earlier investigations in [1] and [8] in each of which further details and references to other closely related subclasses can be found.
We deem it proper to mention below some of the function classes which emerge from the function class Sn(g; A, b) defined above. Indeed, we observe that if we specialize the function g(z) by means of (1.4) to (1.9), and denote the corresponding reducible classes of functions of
, and then it follows that
(zeU),
The purpose of the present paper is to investigate the various properties and characteristics of functions belonging to the above defined subclass Sn(g\\,b) of analytic functions in the open unit disk U. Apart from deriving a set of coefficient bounds for this function class, we also establish several inclusion relationships involving the (n, ¿^-neighborhoods of analytic functions with negative and missing coefficients belonging to this subclass. Special cases of some of these inclusion relations are also mentioned.
Coefficient inequalities
The following result gives the necessary and sufficient condition for the function f(z) G A(n) to be in the class Sn(g; X,b) .
Proof. Let a function f(z) of the form (1.1) belong to the class Sn(g; A, b) . Then in view of (1.12), we obtain the following inequality:
Thus putting 2 = r (0 < r < 1), we obtain oo _£ (1 -A)(fc -lj&fcafcr*" 1 (2.2) <\b\ (zeu).
1-£ [A(fc -1) + ll&fcOfcr*-1 k=n+1
We observe that the expression in denominator on the left-hand side of (2.2) is positive for r = 0 and also for all r(0 < r < 1). Thus after some simplification, we obtain
and letting r -• l -through real values, (2.3) leads to the desired assertion (2.1) of Theorem 1. Conversely, by applying (2.1), we find that
Hence, by (1.12), we infer that f(z) G S n (g; A, 6), which evidently completes the proof of Theorem 1. • Corresponding to the various subclasses which arise from the function class S n (g; A, b) by suitably choosing the function g(z) as mentioned in (1.13) to (1.18), we arrive at the following corollaries giving the coefficient bound inequalities for these subclasses of functions. 
REMARK 5. When n = 0, Corollary 3 would give the coefficient bound inequality for the subclass of functions R l n (X, b).
Inclusion relations involving (n, (^-neighborhoods
In this section, we establish several inclusion relations for the normalized analytic function class S n (g;X,b) involving the (n, <5)-neighborhood defined by (1.11).
Proof. Let f(z) £ S n (g;X,b).
Then, in view of the assertion (2.1) of Theorem 1, we obtain oo {(|6|-l)(l + nA) + n + l}6n+1 ^ a k < \b\ k=n+1 which readily implies that In this section, we determine the neighborhood properties for the function class S n (g, A, 77, b) which we define as follows.
A function / G A(n) is said to be in S n (g, A, 77, b) if there exists a function
THEOREM 3. If he S n (g,X,b) and
Proof. Suppose that / G N n j(h). We then find from the definition (1.10) that 00 ^ k\a k -c k \ < 6 k=n+1 which readily implies the coefficient inequality:
Next, since h G S n (g, A, 6), therefore we infer that 
